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Abstract: In this paper, the post-cracking tensile behavior of Ultra-High Performance Cementitious
Composites (UHPCC) was studied and an improved analytical model to predict the behavior
depending on the fiber orientation distribution was proposed. Two different casting methods
were adopted to estimate the influence of the casting method on the tensile behavior. The direct
tensile test results showed that the post-cracking tensile behavior was considerably dependent on
the casting method. The influence of the casting method was quantified by image analysis of the
fiber distribution. The fiber orientation distribution obtained by image analysis may sometimes
include considerable error according to the image resolution, which may cause inaccuracy when
predicting the post-cracking tensile behavior based on the fiber orientation distribution. To overcome
this dependency, the tensile bridging behavior by the fibers in UHPCC was simulated considering
the obtained fiber orientation distribution as well as the number of fibers detected. The post-cracking
behavior was then simulated by combining the bridging behavior and tension softening behavior of
the matrix. The approach adopted in this study to simulate the post-cracking behavior of UHPCC
showed good agreement with the experimental results.
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1. Introduction

Ultra-High Performance Cementitious Composites (UHPCC), which is now one of several major
topics related to recent concrete technology, exhibit very high compressive strength over 200 MPa as
well as excellent durability [1–5]. With the help of short steel fibers, the inherent brittleness of high
strength concrete can be overcome and sufficient ductility can be obtained in both compression and
tension. This results in a high tensile strength of more than 10 MPa in direct tension and 35 MPa or
more in bending [6–9]. Owing to its superior mechanical properties and durability, UHPCC is applied
increasingly to a range of structures including bridges, buildings, etc.

The most beneficial effect of incorporating short fibers into a cement matrix is the improvement
in tensile strength and ductility, even though this is significantly dependent on the fiber’s geometry,
volume fraction, dispersion, arrangement, etc. Consequently, the modal expressions for the
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tensile strength or characteristic points in the tensile behavior generally consider such influential
parameters [10–19]. The most common parameters used in these models are the fiber volume, fiber aspect
ratio (length to diameter ratio), and fiber orientation. The first two parameters are determined in the process
of material selection and mix design, whereas the last one is determined by considering the geometry of
the structural member and how it should be placed during the placing process of fresh composites.

Even typical fiber-reinforced concrete (FRC) containing coarse aggregates exhibits some variations
in fiber orientation according to the geometry of the structural member, and a fiber orientation
coefficient is introduced to express its influence on the tensile strength and other properties. However,
the impact of the fiber orientation on the tensile behavior of FRC is not as great as that of the fiber
volume fraction or aspect ratio. When the fiber volume fraction is constant, the effect of fiber orientation
distribution mainly due to manufacturing process is limited [17,18]. On the other hand, UHPCC does
not have coarse aggregates and is composed of very fine particles (≤0.5 mm in diameter), which results
in high fluidity and viscosity. This induces a certain preferential fiber orientation, much more than for
typical FRC, resulting in a noticeable change in tensile strength and behavior. Therefore, in the case of
UHPCC, the fiber orientation should be considered as a main parameter that has great influence on
the mechanical properties [19–22].

Recommendations for the design and construction of UHPCC in Korea, Japan, France, etc. note
that the effect of the fiber orientation should be considered when determining the characteristic tensile
strength and behavior of the material for structural design [23–25]. According to the recommendations
in France, the design strength is determined by dividing the characteristic strength by the fiber
orientation coefficient, for which 1.25 for global effect and 1.75 for local effect may be applied
to preliminary design when suitability tests are not conducted on a representative model of the
actual structure, and it has to be substantiated at a later date [23]. Simon et al. [26] discussed the
coefficient with extensive investigation for fiber distribution in several UHPCC projects and showed
the robustness and reliability of the concept. They also reported that the coefficient was sometimes less
than 1 or more than 2 in some cases.

The fiber orientation plays a major role in the mechanical properties, especially in the tensile
behavior of UHPCC, as well as in the structural performance of UHPCC members as a result. In this
regard, several researchers have examined the relationship between the tensile behavior and the
fiber orientation distribution in UHPCC [19–21,27–30]. One of the authors also reported an analytical
approach to predict the tensile behavior of UHPCC considering the fiber orientation distribution [21].
In order to evaluate the fiber orientation distribution or determine the coefficients related to it, several
techniques have been applied. In the past, the number of fibers detected in a section was counted for
this purpose and the fiber orientation distribution was estimated indirectly based on the relationship
between the number of fibers and the fiber orientation distribution [19,31]. On the other hand, fiber
orientation distribution is now being evaluated directly using image analysis techniques, with 2D
or 3D images taken by a digital camera, microscope, or computed tomography (CT) [28–30,32–37].
Image analysis using 2D images is used most widely because the image can be taken easily and 2D
images require relatively less complicated calculations for the analysis.

However, the accuracy of the fiber orientation distribution obtained from image analysis is
influenced considerably by the image resolution and the influence becomes greater in the case of
a more inclined fiber on the image [38–40]. Meanwhile, the number of fibers detected in an image is
relatively accurate regardless of the image resolution, if an appropriate threshold value for detecting
fiber is applied and the objects that might be misidentified as a fiber are removed.

In view of these points, this paper proposes an analytical method to predict the post-cracking
tensile behavior of UHPCC with improved accuracy by considering both the fiber orientation
distribution and the number of fibers detected simultaneously from the image analysis technique.
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2. Experimental Program

2.1. Materials and Mix Design

UHPCC is composed of cement, sand, silica fume, filler, water, and some admixtures.
The water/binder ratio used in this study was 0.2. A polycarboxylate-based superplasticizer was used
to obtain the required workability for such a low water/binder ratio composition. Type I portland
cement and undensified silica fume were used as the cementitious materials. Silica fume has the effect
of increasing the strength via the pozzolanic reaction and filling the voids. Table 1 lists the physical
and chemical properties of the cement and silica fume. Sand with a grain size below 0.5 mm and
a density of 2.62 g/cm3 was used as the sole aggregate. In addition, the siliceous filler was used to
improve the strength and workability. The filler had a mean grain size of approximately 4 µm, density
of 2.62 g/cm3, and crystalline SiO2 > 98%. The particle size was in the intermediate range between
that of cement and silica fume. Therefore, it produces an enhanced packing density of the UHPCC
matrix, making it possible to obtain improved strength and workability. Table 2 lists the UHPCC
mix proportion applied for this study. A total 2 vol % of straight steel fibers, whose tensile strength
were 2500 MPa and density was 7.5 g/cm3, were incorporated. Two types of fibers with the same
volume fraction were chosen; one fiber was 0.2 mm in diameter and 16.3 mm in length, and the other
was 19.5 mm in length with the same diameter. In order to improve the tensile performance of the
composites, the hybridization of two lengths of steel fibers was introduced in this study. As is well
known, the long steel fiber can resist large cracks and the short steel fiber can resist small cracks.

Table 1. Physical and chemical properties of cement and silica fume.

Item
Specific Surface Area

(cm2/g)
Density
(g/cm3)

Ig.loss
(%)

Chemical Composition (%)

SiO2 Al2O3 Fe2O3 CaO MgO SO3

Cement 3413 3.15 1.40 21.01 6.40 3.12 61.33 3.02 2.3
Silica fume 200,000 2.10 1.50 96.00 0.25 0.12 0.38 0.1 -

Table 2. Mix proportion of UHPCC.

Unit Mass (kg/m3)

Cement Silica Fume Sand Filler WRA * Water Steel Fiber

771 193 848 231 46.3 160 156

* WRA: Water reducing agent.

2.2. Specimen Preparation and Experiment

In order to estimate the tensile behavior according to the fiber orientation distribution,
two different fiber orientation distributions were induced by placing in different casting methods.
One method was to cast in a way that could induce a random fiber distribution in the middle of the
specimen, as shown in Figure 1a. The other was to cast in a way that could cause the fibers to align
along the flow direction, as shown in Figure 1b. The former method is called ‘Method A’ and the latter
is called ‘Method B’.

For the direct tensile test experiment, the specimens were fabricated in the so-called dogbone
shape. After casting, all the specimens were cured at room temperature for the first two days, demolded,
cured in a steam curing regime at a temperature of 90 ± 3 ◦C for an additional three days, and stored
in 20 ± 3 ◦C water until testing. Prior to the test, the specimens were notched by sawing on both sides
at the center with a depth of 10 mm. Figure 2a provides the details of the notched specimen. The direct
tensile test was implemented using a 250 kN capacity UTM with a loading rate of 0.2 mm/min. As each
specimen was tested, its crack mouth opening displacement (CMOD) in the notch was measured
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using a clip gauge, which had been placed across the notch. The capacity of the clip gauge was 5 mm.
Figure 2b shows the experimental setup for the test.Materials 2016, 9, 829  4 of 16 
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The specimens, in which flow-induced fiber orientation was believed to be obtained, showed 
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Figure 2. Specimen geometry and the setup for the direct tensile test: (a) The details of the specimen;
(b) the experimental setup for the test.

2.3. Test Results

Figure 3 presents the tensile stress–CMOD curves obtained from the direct tensile test with the
specimens cast in two different ways (i.e., Methods A and B). The figure clearly demonstrates that
there is a noticeable difference in the tensile behavior according to the casting method.

The specimens, in which flow-induced fiber orientation was believed to be obtained, showed
strain-hardening behavior until it reached a maximum tensile stress of approximately 15 MPa. In the
other specimens, where the fiber orientation was not induced, there was a drastic decrease in stress
once the first crack had occurred, and there was little stress recovery even though some of the stress
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appeared to have been regained for a little while after the first cracking. The maximum tensile
stress did not reach 8 MPa. The first cracking stresses, tensile strengths (ultimate tensile stresses),
and corresponding CMODs at those stresses or strength are tabulated in Table 3. The first cracking
stress of Method B was slightly higher than that of Method A. It was theoretically proven that the
distribution of fiber orientation has an influence on the first cracking stress even though its effect is
quite limited and the strength of the matrix absolutely dominates the stress [18]. Meanwhile, the tensile
strength of Method B was approximately twice that of Method A and the corresponding CMOD of
Method B was also more than twice that of Method A. This difference in tensile behavior potentially
indicates that the fiber orientation distribution depends strongly on the casting method and has a great
influence on the post-cracking tensile behavior.
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Figure 3. Tensile stress-CMOD curves for (a) Method A; and (b) Method B.

Table 3. Results of the direct tensile test.

Specimen
At First Cracking At Ultimate Stress

Stress (MPa) CMOD (mm) Stress (MPa) CMOD (mm)

Method A-1 6.79 0.007 7.34 0.249
Method A-2 5.56 0.007 7.73 0.215
Method A-3 7.70 0.008 7.70 0.008

Average 6.68 0.007 7.59 0.157
St. dev. 1.07 0.001 0.217 0.130

Method B-1 8.69 0.008 15.10 0.601
Method B-2 8.08 0.008 14.58 0.109
Method B-3 5.88 0.006 15.09 0.397

Average 7.55 0.007 14.92 0.369
St. dev. 1.48 0.001 0.297 0.247
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3. Determination of the Post-Cracking Tensile Behavior

3.1. Methodology

Once a crack forms in a fiber-reinforced cementitious composite, the matrix barely resists
an external load at the cracked plane and most of the applied load is supported by the fibers. That is,
its tensile behavior is determined absolutely by the pullout behaviors of the fibers embedded in
the matrix.

A large number of fibers can be found across the cracked plane, and each fiber has its own
embedded length and inclined angle from the cracked plane. Let us consider a single fiber embedded
in a matrix across a crack plane with an inclined angle (θ), as depicted in Figure 4. For convenience,
the embedded length (le) is defined as the length of the shorter segment of the fiber when it is divided
into two embedded segments due to cracking. It is therefore less than lf/2. It is well known that both
the embedded length and inclined angle of the fiber have a strong influence on the pullout resistance,
and the pullout force is also dependent on its pullout displacement or crack opening displacement
on the cracked plane. Therefore, the bridging force of a single fiber shown in Figure 4 is given by
a function of the inclined angle of the fiber (θ), the embedded length of the fiber (le), and the crack
opening displacement (δ), which is therefore denoted as P(θ, le, δ). The fiber bridging stress of the
composites after cracking, in which all the fibers placed with an embedded length and an inclination
across the cracked plane are considered, can be calculated by the following equation [41]:

σb (δ) =
4Vf

πd2
f

∫ π
2

0

∫ l f
2

0
Fc P (θ, le, δ) p (le) p (θ) cosθ dle dθ, (1)

where p(θ) and p(le) are the probability density functions for θ and le, respectively. These two functions
can be expressed by sin θ and 2/lf in particular for the three-dimensional random distribution of the
fibers. lf and df denote the length and diameter of the fiber, respectively.
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Figure 4. Embedded length of a fiber inclined with θ to the cracked plane.

Lee et al. [42] proposed a predictive model for the pullout behavior of an inclined steel fiber in
a UHPCC matrix. The model they suggested in their work was applied for the pullout resistance
of a single fiber. The bridging force of a single fiber, P(θ, le, δ), can be obtained from the pullout
resistance by assuming that (1) the crack width is equal to twice the slip deformation in the pullout
behavior when the fiber is perfectly bonded and partially debonded; and (2) after the fiber is fully
debonded, the crack width deformation is the same as the slip deformation because the shorter fiber
only undergoes frictional slip deformation after debonding and is finally pulled out. More details
of the function P(θ, le, δ) can be found in [18]. In addition, in order to consider the inconsistency of
the bond condition between that in their pullout test and in the composites, a correction factor (Fc)
was introduced and multiplied by the pullout resistance. A value of 1.25 was applied as this factor in
an earlier study [18] and it can be changed according to the mix condition and the characteristics of the
fiber used.
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The post-cracking behavior of a composite can be defined as the combination of the resistance
provided by the fibers and the matrix. Therefore, in order to establish the post-cracking behavior,
a mathematical model for the resistance of the matrix should also be introduced in addition to fiber
bridging. The typical tension softening behavior of concrete after cracking can be expressed by a linear,
bilinear, or exponential curve. The tension softening curve of UHPCC in this study was assumed to be
an exponential function [43]:

σct = ftexp (−cw), (2)

where ft is the tensile strength (MPa), w is the cracking opening (mm), and c is a constant that can be
determined experimentally and is theoretically equal to ft/GF.

3.2. Determination of Probability Density Distribution of Fiber Orientation

To derive the tensile bridging behavior of the fibers by Equation (1), considering the effect of
the fiber orientation distribution, it is essential to determine the probability density function for the
orientation of the fibers embedded in the composites. If the orientation distribution of the fibers
embedded in the composites is measured directly, the measured distribution instead of the function
can be applied for the term p(θ) in Equation (1).

After finishing the direct tensile tests, the tested specimens were sawn along a plane as near as
possible to the fractured plane with a localized crack and the cut sections were ground; an image of
the cut section for each specimen was then taken by a digital camera. The fiber orientation distribution
was then obtained using the image analysis technique. The number of total pixels constituting a fiber
section was at least 80 in the image, and the pixel size of the fiber diameter was in the range of
10~14 pixels. In the process of detecting fibers through the thresholding algorithm in the image
analysis, 80 pixels for an object’s area were applied for the threshold to distinguish the fibers from
other objects. The method for calculating the orientation of an inclined fiber is explained by Figure 5.
Let us consider a fiber originally having a perfectly circular cross section. If it is laid at an inclined
angle across a plane, the sectional geometry of the fiber on the plane becomes ellipsoidal and the
ratio of the largest and smallest diameter in the ellipsoid is dependent on the inclination of the fiber.
From Figure 5, the inclined angle (θ) of the fiber can be calculated using the following equation:

θ = cos−1

(
AB

A′B′

)
. (3)
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Figure 6 shows images of the sawn sections of the tested specimens. It can be easily seen that the
number of fibers detected in the section image obtained from the specimen fabricated by Method B
is much greater than in the Method A specimen. It can be also found that the fibers in the Method B
section are mostly aligned in the direction normal to the plane, but Method A shows relatively fewer
fibers as well as a higher percentage of fibers laid diagonally to the cut plane. This direct observation
suggests that the differences in the fibers distributed in the cut section are closely related to the tensile
behaviors of both cases.
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Table 4 presents the image analysis results. The average number of fibers calculated from the
image analysis technique was 910 and 1872 for Methods A and B, respectively. The fiber orientation
distribution for all detected fibers is given in Figure 7, in which the difference in the distributions is
distinguishable but not as much as expected. In addition, higher intensity of distribution around 45◦

was shown, especially for the casting Method B. Two major reasons can be suggested for such fiber
orientation distribution, as shown in Figure 7. First, according to hydrodynamics, most fibers subjected
to shear flow are theoretically supposed to be aligned to the flow direction under the assumption
that there is no interaction among fibers. The assumption may be applied for dilute suspensions
of long rigid fibers and a composite with Vf < 1/r2

f is classified into this category. r f means the
aspect ratio, indicating the ratio of length to diameter of the fiber. Meanwhile, for semi-concentrated
(1/r2

f ≤ Vf ≤ 1/r f ) or concentrated (Vf > 1/r f ) suspensions, the interaction among fibers cannot be
neglected and the rotational movement of fibers is restricted in some degree [44]. The composites dealt
with in this study have 2 vol % (fiber volume fraction) and therefore are classified into concentrated
suspensions. The second is related to the error in calculating the orientation angle by image analysis,
which is considerably dependent on the pixel size for expressing the fiber section. Lee et al. [40]
investigated the error of the measured orientation angle of an artificial fiber image according to the
number of pixels in the diameter and demonstrated that the error increased as the orientation angle
and the number of pixels in the diameter of the fiber decreased. Table 5 presents the orientations
calculated from fiber images with different orientation angle and the number of pixels in the study
by Lee et al. [40]. It can be seen that the lower fiber orientation as well as the lower number of pixels
caused the higher error in the measured orientation. In particular, the orientation in the range of
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15◦~45◦ was calculated as 41.2◦~49.8◦ when the number of pixels in the diameter of the fiber was 5.
Therefore, considering the pixel size of the fiber diameter was in the range of 10~14 pixels in this study,
it can be said that the lower resolution of the fiber images might cause significant errors in calculated
orientation distribution in the range of 0◦~45◦, which resulted in the intensive distribution around 45◦.

Table 4. Image analysis results for the fiber distribution.

Specimen The Number of Total
Fibers Detected

The Number of Fibers per
Unit Area (Nf/mm2)

ηθ
(Equation (4))

αf

Equation (5) Equation (7)

Method A

1 821 0.205 0.418 0.322 0.620
2 988 0.247 0.475 0.388 0.667
3 920 0.230 0.448 0.361 0.646

Mean 910 0.227 0.447 0.357 0.645

Method B

1 1842 0.406 0.501 0.723 0.692
2 1927 0.481 0.521 0.757 0.707
3 1847 0.461 0.572 0.725 0.745

Mean 1872 0.468 0.531 0.735 0.715

Table 5. Measured orientation angle of the artificial fiber image according to the number of pixels in
the diameter [40].

Number of Pixels in the
Diameter of the Fiber

Fiber Orientation Angle (◦)

0 15 30 45 60

5 22.2 41.2 43.2 49.8 62.3
25 6.6 18.7 30.2 45.7 59.9
50 4.3 14.5 29.6 44.4 59.6

100 1.7 14.7 29.9 44.9 59.9
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From the measured distribution, it is possible to calculate the fiber orientation coefficient (ηθ),
which is defined as [45]

ηθ =
∫ π

2

0
p (θ) cos2θ dθ. (4)

The calculated mean fiber orientation coefficient was 0.447 for Method A and 0.531 for Method B.
Generally, the number of discontinuous short fibers detected in a cut plane is dependent on the

fiber orientation coefficient [31]. A general equation for the number of fibers per unit area (N f ) is given
by the following:

N f = α f
Vf

A f
, (5)

where Vf means the volume fraction of steel fibers in concrete, A f indicates the cross-sectional area
of a steel fiber, and α f presents an orientation factor accounting for its effect on the number of fibers.
This value is in the range of 0.41 to 0.81 [31,46], and is equal to 1 when all the fibers are aligned in
one dimension.

The orientation factor, α f , can be estimated indirectly from the calculated N f using Equation (5).
The estimated α f was 0.357 for Method A and 0.735 for Method B.

Li et al. [41] proposed an equation for the fiber number in a unit area bridging the cracked plane,
which was expressed as follows:

N f =
4Vf

πd2
f

∫ π
2

0

∫ l f
2

0
p (le) p (θ) cosθ dle dθ. (6)

By comparing Equations (5) and (6), the orientation factor, α f , can also be expressed as

α f =
∫ π

2

0

∫ l f
2

0
p (le) p (θ) cosθ dle dθ. (7)

With the measured orientation distribution, p(θ) for each case, the orientation factor can be
calculated from Equation (7); the results are also listed in Table 4. The orientation factor for Method A
is 0.645 and 0.715 for Method B. Compared to the values calculated with the detected fiber number and
Equation (5), both approaches, using Equation (5) or (7), produced similar results to the orientation
factors for Method B. On the other hand, Equation (7) for Method A led to a much lower value than
Equation (5). This means that the number of detected fibers for Method A is much smaller than the
one expected theoretically.

In the case that all the fibers are aligned in one direction, both ηθ and α f are equal to 1.
Considering the variation of the values for ηθ and α f with two different casting methods, it can
be said that α f calculated from the number of detected fibers is a more sensitive indicator than ηθ and
α f obtained theoretically from the measured fiber orientation distribution, to the variation in the fiber
orientation distribution.

3.3. Estimation of Post-Cracking Tensile Behavior

As mentioned earlier, the post-cracking tensile behavior can be defined by superposing the tension
softening curve of the matrix and the bridging curve of the fibers.

The bridging resistance of the fibers was obtained from Equation (1) by applying the
measured probability density function for the fiber orientation for the two different casting methods.
Each bridging resistance developed by 1 vol % of 16.3 mm fibers and 1 vol % of 19.5 mm fibers was
first obtained, and the total bridging resistance by the combination of two types of fibers was obtained
by superposition. The function for the 16.3 mm and 19.5 mm fibers was assumed to be the same.
The probability p(le) in Equation (1) was assumed to be 2/lf. It may not strictly follow the uniform
distribution from 0 to lf/2, but to our knowledge there is no feasible method to determine p(le). In the
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calculation, the model for the pullout resistance suggested by Lee et al. [42] was modified slightly to fit
the experimental data. The values employed in this study for the parameters in the model were listed
in Table 6. Two parameters (γ and n) describing the slip coefficient for the ascending branch of the
pullout behavior were only adjusted to fit the experimental data. According to the analysis based on
the model, the slip deformation at the peak pullout load for a fiber with an inclined angle is larger
for longer fibers considering the difference in the bond stress distribution along the interface between
fiber and matrix at the peak load. The correction factor (Fc) in Equation (1) introduced for considering
the variation due to the difference in the bond condition had a value of 1.2 in the analysis.

Table 6. The values employed in this study for the parameters in the pullout model by Lee et al. [42].

Component Parameter Value Description

Material
properties

Matrix
Em 45 Elastic modulus (GPa)
υm 0.2 Poisson’s ratio

Fiber

E f 200 Elastic modulus (GPa)
υ f 0.3 Poisson’s ratio

τmax(app) 6.8 Apparent maximum bond strength (MPa)
τf(app) 6.8 Apparent frictional bond strength (MPa)

For ascending branch of the
pullout behavior

f 1.6 Snubbing friction coefficient
κ 1.8 Spalling coefficient
γ 5 Parameters describing slip coefficient
n 0.4

For descending branch of the
pullout behavior

η 0.05 Parameters related to the shape of the branch
α 1.0

Once each bridging stress–crack width curve of the two types of fibers laid across the cracked
plane is obtained, the tensile bridging behavior developed by incorporating the two kinds of fibers can
be plotted by superposing each bridging curve for both fibers.

The tensile bridging behavior for a representative specimen of each case was obtained.
The specimen that had a median value and the value closest to the average for most of the parameters
listed in Table 3 was selected as representative for each case. Figure 8 shows the estimated tensile
bridging behaviors. The maximum bridging stress for Method A and Method B was 13.6 MPa and
14.9 MPa, respectively. Some difference in the tensile bridging behaviors, due to the difference in the
fiber orientation distribution, can be seen. However, compared with the tensile strengths obtained
from experiment, the difference is much smaller. This means that the fiber orientation distribution
measured from the image analysis does not completely represent the influence of the placing method,
and the fiber distribution and consequent tensile behavior vary according to the placing method.

In addition, the calculated maximum bridging stress for Method A was overestimated
considerably. This seems to be closely related to the number of detected fibers. The theoretically
estimated number of fibers per unit area (0.715 × 4Vf /πd2

f ) was similar to the measured one

(0.735 × 4Vf /πd2
f ) for the case of Method B, whereas Method A resulted in a huge difference between

the theoretically estimated number of fibers per unit area (0.644 × 4Vf /πd2
f ) and the measured one

(0.357 × 4Vf /πd2
f ). This is believed to have been caused by several factors, including the inaccuracy in

calculating the inclined angle of the highly inclined fibers, due to the limited number of pixels in the
image used in the image analysis technique, and the consequent inaccuracy in the fiber orientation
distribution, p(θ).

The number of fibers detected in an image is relatively accurate regardless of the image resolution,
as explained previously. If the difference in the number of fibers is therefore considered when
estimating the tensile bridging behavior, more reasonable results can be obtained. By multiplying
Equation (1) by the ratio of the orientation factor (α f ) obtained from Equations (5) and (7), the tensile
bridging behaviors can be modified; the results are plotted in Figure 9. After modification,
the maximum bridging stresses became similar to the measured tensile strengths for both cases.
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Therefore, the number of fibers placed across the cracked plane provides better tensile responses,
similar to the measured tensile stress–CMOD curves.Materials 2016, 9, 829  12 of 16 
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The tension softening curve of the matrix needs to be defined to calculate the post-cracking tensile
behavior of UHPCC. Kang and Kim [21] introduced the concept of apparent tension softening curve
and fracture energy in order to model the post-cracking tensile behavior of UHPCC by superposing
the resistance of the bridging fibers and the tension softening of the matrix. In their research, it was
shown that the post-cracking tensile resistance of cementitious matrix in a fiber-reinforced cementitious
composite was much higher than its own tension softening curve. Therefore, when a much higher
fracture energy than the intrinsic value for the tension softening curve was applied, the estimated
behaviors became more consistent with the experimental results. It was also said that this apparent
tension softening curve might be dependent on the fiber characteristics as well as the matrix properties.
For the apparent tension softening curve of the matrix in this study, the tensile strength, ft was assumed
to be 6.68 for Method A and 7.55 for Method B, which were determined from the experimental results.
The fracture energy, GF, for determining c was assumed to be 0.5 N/mm, which was determined under
the consideration of the magnitude of the stress drop after first cracking and the corresponding crack
width in the tensile behavior of UHPCC.

When the estimated tensile behaviors were compared with the experimental results, as shown in
Figure 10, the estimation results provided acceptable agreement with the measured tensile behaviors
for both specimens fabricated with the two different casting methods. The slope in the softening
branch, tensile hardening behavior after the first cracking, and tensile strength could be estimated
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properly. With regard to the crack width at the ultimate tensile stress, the simulated crack width was
similar for the two cases but the experimental results presented a noticeable difference between the
two cases. The crack width for Method B was larger than the value for Method A. This inconsistency
may be ascribed to the inaccuracy of the assumed fiber pullout behavior according to the inclined
angle. Especially for Method A, the overestimation of the pullout deformation of highly inclined fibers
is thought to cause the difference between the simulated and measured values. If a more accurate
model for the fiber pullout behavior according to the inclined angle is provided based on experiments,
the prediction of the crack width at the ultimate tensile stress may also be improved.

Through the analysis and comparison with the experimental results for the post-cracking tensile
behavior, the validity of the approach adopted in this study to simulate the post-cracking behavior of
fiber-reinforced cementitious composites was proven.
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4. Conclusions

In this study, the post-cracking tensile behavior of UHPCC according to the fiber orientation
distribution was examined and an improved analytical model for better prediction of the behavior
depending on the fiber orientation distribution was suggested.

In order to induce two different fiber orientation distributions and consequently different
uniaxial tensile behaviors of UHPCC, two different casting methods were adopted. One method
(named ‘Method A’) was to achieve a random fiber distribution in the middle of the specimen, and the
other (named Method B’) was to induce a fiber arrangement that was closely aligned along the tensile
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force direction. The direct tensile test results showed that the post-cracking tensile behavior was
considerably dependent on the casting method. The tensile strength of Method B was approximately
twice that of Method A. The influence of each casting method was quantified by image analysis for
the fiber distribution. Differences in the number of fibers detected, fiber orientation distribution,
and relevant parameters could be demonstrated. The number of fibers detected in the section image
of Method B was much greater than for Method A, while the difference in the fiber orientation
distributions was still distinguishable but not as much as expected.

From the obtained fiber orientation distribution, the post-cracking tensile behavior of the
fiber-reinforced cementitious composites was simulated. When only the fiber orientation distribution
was considered in the simulation, the predicted behaviors differed from the behaviors measured from
the experiment, particularly in the case of Method A. This means that the fiber orientation distribution
measured from the image analysis does not completely represent the influence of the placing method,
and the fiber distribution and consequent tensile behavior varied according to the placing method.

A comparison of the number of fibers counted from the sectional image and the number calculated
theoretically based on the fiber orientation distribution measured from image analysis presented
a remarkable difference in the case of Method A, which was as much as the difference in the simulated
and measured tensile strengths of Method A. Considering the number of fibers detected in an image is
relatively accurate regardless of the image resolution, this indicates that the limited resolution of the
fiber images might cause significant errors in calculated orientation distribution. When the discrepancy
in the number of fibers detected and expected from the measured fiber orientation distribution was
also considered in addition to the fiber orientation distribution, more reasonable behaviors similar
to the measured ones could be obtained for both casting methods. The slope in the softening branch,
tensile hardening behavior after the first cracking, and tensile strength could all be estimated properly.

Acknowledgments: This research was supported by a grant (16RDRP-B076268-03) from the R&D Program
funded by the Ministry of Land, Infrastructure and Transport of the Korean government, and also supported
by a grant (13SCIPA02) from the Smart Civil Infrastructure Research Program funded by the Ministry of Land,
Infrastructure and Transport (MOLIT) of the Korean government and the Korea Agency for Infrastructure
Technology Advancement (KAIA).

Author Contributions: Myoung Sung Choi, he did all of the experiments, did the analysis of the data and wrote
the manuscript. Su-Tae Kang was the principle investigators and supervised the whole work. Bang Yeon Lee
assisted the experiments and helped to analysis the data. Kyeong-Taek Koh helped to analysis the data and wrote
the some parts of Chapter 3. And Gum-Sung Ryu assisted the experiments and wrote the some parts of Chapter 3.

Conflicts of Interest: The authors declare no conflict of interest.

References

1. Richard, P.; Cheyrezy, M. Composition of reactive powder concrete. Cem. Concr. Res. 1995, 25, 1501–1511.
[CrossRef]

2. Bonneau, O.; Lachemi, M.; Dallaire, E.; Dugat, J.; Aitcin, P.C. Mechanical properties and durability of
two industrial reactive powder concretes. ACI Mater. J. 1997, 94, 286–290.

3. Park, J.J.; Kang, S.T.; Koh, K.T.; Kim, S.W. Influence of the ingredients on the compressive strength of UHPC
as a fundamental study to optimize the mixing proportion. In Proceedings of the Second International
Symposium on Ultra High Performance Concrete, Kassel, Germany, 5–7 March 2008; pp. 105–112.

4. Graybeal, B.; Davis, M. Cylinder or cube: Strength testing of 80 to 200 MPa (116 to 29 ksi)
Ultra-High-Performance-Fiber-Reinforced Concrete. ACI Mater. J. 2008, 105, 603–609.

5. Jungwirth, J.; Muttoni, A. Structural behavior of tension members in Ultra High Performance Concrete.
In Proceedings of the International Symposium on Ultra High Performance Concrete, Kassel, Germany,
13–15 September 2004; pp. 546–553.

6. Yoo, D.Y.; Lee, J.H.; Yoon, Y.S. Effect of fiber content on mechanical and fracture properties of Ultra High
Performance Fiber reinforced cementitious composites. Compos. Struct. 2013, 106, 742–753. [CrossRef]

7. Kang, S.T.; Lee, Y.; Park, Y.D.; Kim, J.K. Tensile fracture properties of an Ultra High Performance Fiber
Reinforced Concrete (UHPFRC) with steel fiber. Compos. Struct. 2010, 92, 61–71. [CrossRef]

http://dx.doi.org/10.1016/0008-8846(95)00144-2
http://dx.doi.org/10.1016/j.compstruct.2013.07.033
http://dx.doi.org/10.1016/j.compstruct.2009.06.012


Materials 2016, 9, 829 15 of 16

8. Park, S.H.; Kim, D.J.; Ryu, G.S.; Koh, K.T. Tensile behavior of Ultra High Performance Hybrid Fiber
Reinforced Concrete. Cem. Concr. Compos. 2012, 34, 172–184. [CrossRef]

9. Wuest, J.; Denarié, E.; Brühwiler, E. Model for predicting the UHPFRC tensile hardening response.
In Proceedings of the Second International Symposium on Ultra High Performance Concrete, Kassel,
Germany, 5–7 March 2008; pp. 153–160.

10. Naaman, A.E. A Statistical Theory of Strength for Fiber Reinforced Concrete. Ph.D. Thesis, Massacusetts
Institute of Technology, Cambridge, MA, USA, 1972.

11. Swamy, R.N.; Mangat, P.S.; Rao, C.V.S.K. The mechanics of fiber reinforcement of cement matrices.
In An International Symposium: Fiber Reinforced Concrete; ACI SP-44: Detroit, MI, USA, 1974; pp. 1–28.

12. Mai, Y.M. Strength and fracture properties of asbestos-cement mortar composites. J. Mater. Sci. 1979, 14,
2091–2102. [CrossRef]

13. Rizzuti, L.; Bencardino, F. Effects of fibre volume fraction on the compressive and flexural experimental
behaviour of SFRC. Contem. Eng. Sci. 2014, 7, 379–390. [CrossRef]

14. Bencardino, F.; Rizzuti, L.; Spadea, G.; Swamy, R.N. Experimental evaluation of fiber reinforced concrete
fracture properties. Compos. Part B Eng. 2010, 41, 17–24. [CrossRef]

15. Naaman, A.E. High performance fiber reinforced cement composites. In Proceedings of the IABSE
Symposium on Concrete Structures for the Future, Paris, France, 2–4 September 1987; pp. 371–376.

16. Bencardino, F. Mechanical parameters and post-cracking behaviour of HPFRC according to three-point and
four-point bending test. Adv. Civil Eng. 2013, 2013, 179712. [CrossRef]

17. Johnson, C.D. Steel fiber reinforced mortar and concrete: A review of mechanical properties.
In An International Symposium: Fiber Reinforced Concrete; ACI SP-44: Detroit, MI, USA, 1974; pp. 127–142.

18. Swamy, R.N.; Stavrides, H. Some properties of high workability steel fiber reinforced concrete by
electro-magnetic method. In Fibre Reinforced Cement and Concrete; Neville, A.M., Ed.; Construction Press Ltd.:
Lancaster, UK, 1975; pp. 197–208.

19. Markovic, I. High-Performance Hybrid-Fiber Concrete-Development and Utilization. Ph.D. Thesis,
Delft University of Technology, Delft, The Netherlands, 2006.

20. Ferrara, L.; di Prisco, M.; Lamperti, M.G.L. Identification of the stress-crack opening behavior of HPFRCC:
The role of flow-induced fiber orientation. In Proceedings of FraMCoS-7; IA-FraMCoS: Jeju, Korea, 2010;
Volume 3, pp. 1541–1550.

21. Kang, S.T.; Kim, J.K. The relation between fiber orientation and tensile behavior in an Ultra High Performance
Fiber Reinforced Cementitious Composites (UHPFRCC). Cem. Concr. Res. 2010, 41, 1001–1014. [CrossRef]

22. Kwon, S.H.; Kang, S.T.; Lee, B.Y.; Kim, J.K. The variation of flow-dependent tensile behavior in radial
flow dominant placing of Ultra High Performance Fiber Reinforced Cementitious Composites (UHPFRCC).
Constr. Build. Mater. 2012, 33, 109–121. [CrossRef]

23. Association Française de Génie Civil. Ultra High Performance Fiber-Reinforced Concretes—Recommendation;
Association Française de Génie Civil: Paris, France, 2013.

24. Japan Society of Civil Engineers. Recommendations for Design and Construction of Ultra High Strength Fiber
Reinforced Concrete Structures (Draft); Japan Society of Civil Engineers: Tokyo, Japan, 2006.

25. Korea Concrete Institute. Ultra High Performance Concrete K-UHPC Structural Design Guideline; Korea Concrete
Institute: Seoul, Korea, 2012. (In Korean)

26. Simon, A.; Corvez, D.; Marchand, P. Feedback of a ten years assessment of fibre distribution using K factor
concept. In Int. Symposium on Ultra-High Performance Fibre-Reinforced Concrete, Designing and Building with
UHPFRC: From Innovation to Large-Scale Realizations; RILEM Publications S.A.R.L.: Marseille, France, 2013;
pp. 669–678.

27. Ferrara, L.; Ozyurt, N.; di Prisco, M. High mechanical performance of fibre reinforced cementitious
composites: The role of “casting-flow induced” fibre orientation. Mater. Struct. 2011, 44, 109–128. [CrossRef]

28. Kang, S.T.; Lee, B.Y.; Kim, J.K.; Kim, Y.Y. The effect of fibre distribution characteristics on the flexural strength
of steel fibre-reinforced Ultra high strength concrete. Constr. Build. Mater. 2011, 25, 2450–2457. [CrossRef]

29. Barnett, S.J.; Lataste, J.F.; Parry, T.; Millard, S.G.; Soutsos, M.N. Assessment of fibre orientation in Ultra High
performance fibre reinforced concrete and its effect on flexural strength. Mater. Struct. 2010, 43, 1009–1023.
[CrossRef]

30. Wille, K.; Tue, N.V.; Parra-Montesinos, G.J. Fiber distribution and orientation in UHP-FRC beams and their
effect on backward analysis. Mater. Struct. 2014, 47, 1825–1838. [CrossRef]

http://dx.doi.org/10.1016/j.cemconcomp.2011.09.009
http://dx.doi.org/10.1007/BF00688413
http://dx.doi.org/10.12988/ces.2014.4218
http://dx.doi.org/10.1016/j.compositesb.2009.09.002
http://dx.doi.org/10.1155/2013/179712
http://dx.doi.org/10.1016/j.cemconres.2011.05.009
http://dx.doi.org/10.1016/j.conbuildmat.2012.01.006
http://dx.doi.org/10.1617/s11527-010-9613-9
http://dx.doi.org/10.1016/j.conbuildmat.2010.11.057
http://dx.doi.org/10.1617/s11527-009-9562-3
http://dx.doi.org/10.1617/s11527-013-0153-y


Materials 2016, 9, 829 16 of 16

31. Soroushian, P.; Lee, C.D. Distribution and orientation of fibers in steel fiber reinforced concrete. ACI Mater. J.
1990, 87, 433–439.

32. Vélez-García, G.M.; Wapperom, P.; Kunc, V.; Baird, D.G.; Zink-Sharp, A. Sample preparation and image
acquisition using optical-reflective microscopy in the measurement of fiber orientation in thermoplastic
composites. J. Microsc. 2012, 248, 23–33. [CrossRef] [PubMed]

33. Sebaibi, N.; Benzerzour, M.; Abriak, N.E. Influence of the distribution and orientation of fibers in a reinforced
concrete with waste fibres and powders. Constr. Build. Mater. 2014, 65, 254–263. [CrossRef]

34. Stähli, P.; Custer, R.; van Mier, J.G. On flow properties, fibre distribution, fibre orientation and flexural
behaviour of FRC. Mater. Struct. 2008, 41, 189–196. [CrossRef]

35. Benson, S.D.P.; Nicolaides, D.; Karihaloo, B.L. CARDIFRC—Development and mechanical properties. Part II:
Fibre distribution. Mag. Concr. Res. 2005, 57, 421–432. [CrossRef]

36. Wuest, J.; Denarié, E.; Brühwiler, E.; Tamarit, L.; Kocher, M.; Gallucci, E. Tomography analysis of fiber
distribution and orientation in Ultra high-performance fiber-reinforced composites with high-fiber dosages.
Exp. Tech. 2008, 33, 50–55. [CrossRef]

37. Liu, J.; Li, C.; Liu, J.; Cui, G.; Yang, Z. Study on 3D spatial distribution of steel fibers in fiber reinforced
cementitious composites through micro-CT technique. Constr. Build. Mater. 2013, 48, 656–661. [CrossRef]

38. Eik, M.; Herrmann, H. Raytraced images for testing the reconstruction of fibre orientation distributions.
Proc. Estonian Acad. Sci. 2012, 61, 128–136. [CrossRef]

39. Eberhardt, C.; Clarke, A.; Vincent, M.; Giroud, T.; Flouret, S. Fibre-orientation measurements in
short-glass-fibre composites—II: A quantitative error estimate of the 2d image analysis technique.
Compos. Sci. Technol. 2001, 61, 1961–1974. [CrossRef]

40. Lee, B.Y.; Kang, S.T.; Yun, H.B.; Kim, Y.Y. Improved Sectional Image Analysis Technique for Evaluating Fiber
Orientations in Fiber-Reinforced Cement-Based Materials. Materials 2016, 9, 42. [CrossRef]

41. Li, V.C.; Wang, Y.; Backer, S. A micromechanical model of tension-softening and bridging toughness of short
random fiber reinforced brittle matrix composites. J. Mech. Phys. Solids 1991, 39, 607–625. [CrossRef]

42. Lee, Y.; Kang, S.T.; Kim, J.K. Pullout behavior of inclined steel fiber in an ultra-high strength cementitious
matrix. Constr. Build. Mater. 2010, 24, 2030–2041. [CrossRef]

43. Karihaloo, B.L. Fracture Mechanics and Structural Concrete (Concrete Design and Construction Series);
Longman Scientific & Technical: Londo, UK, 1995.

44. Folgar, F.; Tucker, C.L., III. Orientation behavior of fibers in concentrated suspensions. J. Reinf. Plast. Compos.
1984, 3, 98–119. [CrossRef]

45. Piggott, M.R. Short fibre polymer composites: A fracture-based theory of fibre reinforcement.
J. Compos. Mater. 1994, 28, 588–606.

46. Romualdi, J.P.; Mandel, J.A. Tensile strength of concrete affected by uniformly distributed and closely spaced
short lengths of wire reinforcement. J. Am. Concr. Inst. 1964, 61, 657–671.

© 2016 by the authors; licensee MDPI, Basel, Switzerland. This article is an open access
article distributed under the terms and conditions of the Creative Commons Attribution
(CC-BY) license (http://creativecommons.org/licenses/by/4.0/).

http://dx.doi.org/10.1111/j.1365-2818.2012.03646.x
http://www.ncbi.nlm.nih.gov/pubmed/22971217
http://dx.doi.org/10.1016/j.conbuildmat.2014.04.134
http://dx.doi.org/10.1617/s11527-007-9229-x
http://dx.doi.org/10.1680/macr.2005.57.7.421
http://dx.doi.org/10.1111/j.1747-1567.2008.00420.x
http://dx.doi.org/10.1016/j.conbuildmat.2013.07.052
http://dx.doi.org/10.3176/proc.2012.2.05
http://dx.doi.org/10.1016/S0266-3538(01)00106-3
http://dx.doi.org/10.3390/ma9010042
http://dx.doi.org/10.1016/0022-5096(91)90043-N
http://dx.doi.org/10.1016/j.conbuildmat.2010.03.009
http://dx.doi.org/10.1177/073168448400300201
http://creativecommons.org/
http://creativecommons.org/licenses/by/4.0/.

	Introduction 
	Experimental Program 
	Materials and Mix Design 
	Specimen Preparation and Experiment 
	Test Results 

	Determination of the Post-Cracking Tensile Behavior 
	Methodology 
	Determination of Probability Density Distribution of Fiber Orientation 
	Estimation of Post-Cracking Tensile Behavior 

	Conclusions 

